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Absatract. Let p beaprime, andlet k be a positive
integer. In this paper we prove that the Smarandache simple
functions S, (k) satisfies p|S,(k) and k(p-1)<S_ (k)<kp.

Forany prime p and any positive integer k,let S, (k)
denote the smallest positive integer such that p* | S (k)!.
Then S, (k) is called the Smarandache simple function of p
and k (see[l, Notion 121]). In this paper we prove the
following result.

Theorem. Forany p and k,wehave p|S, (k) and

(1) k@-1)<S, (k) <kp.

Proof. Let a=S (k). Then ais the smallest positive
integer such that

(2) p*lal.

If pfa, thenfrom (2) weget p*|(a-1)!, acontradiction.
Sowehave p|a.
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Since (kp)!=1..p..(2p)...(kp), weget p*| (kp)!. It
implies that A

3) a<kp.

On the other hand, let p" | a! , where r is a positive integer.
It is a well known fact that

(4 r=Y[al/p]

i=1

where [a/ p'] is the greatest integer which does not exceed
a/p. Since [a/p‘]<a/p’ forany i, we seefrom (4)
that

() r<E@/p)=a/(-1)
i=1
Further, since k<r by (2) , we find from (5) that
(6) a>k(-1).
The combination of (3) and (6) yields (1). The theorem is

proved.
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