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In 1] on defines S, : N\ {1} = N, 52! (z) = min{S~(z)}, where
S™(z) = {a € N|S(a) =z}, and S is the Smarandache function.
For example S™1(6) = {2¢,2%-3,24.3% 32 3%2.2,32.22 32.2% 2¢.3.5,
28.32.5,24.32.5,32.5,2¢.5,32.5,32-2¢} and S_;,(6) = 32.
If S(z) = n one knows that card (S7'(n)) = d(n!) — d((n — 1)!) where d is
the number of divisors of n.
If z is a prime number, then card (§7(n)) =d((n — 1)!).
We give below a table of the values of SZ1 (n):

n 2 3 14 5 6 7 |8 12115
SIn) |2 |3 |4 |5 [32]7 & |35
n 16 {21124 {27 136 {4052 |36} 60
S—_l (TL) 212 73 310 311 316 59 134 78 54

One knows 2] that if p < g are two prime numbers, and n > 1 is a natural
number such that p-q | n, then p(™ > ¢4(®  where [,(n) is the exponent
of p in the prime factors decomposition of n!.

According to the above properties we can deduce the calculus formula for
function SZ. :

Sada (n =p1p5? -+ pfr) = prr (M7 (1)
where p; < pp < --- < pr are the prime numbers in the canonical decompo-

sition of the number n. ,

We list a set of properties of the function S} , which result directly from
the definition and from formula (1):

1. Sa

min

(p) = p if p is a prime number.
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2. S,

m.

(P q) = ¢F if p and g are prime numbers and p < q.
3. S(San(z) ==z.

4. S}

mun

(¢°) =p-qif p and ¢ are prime numbers and p < g.

5. Sgh(z) < SZi(y) if £ and y contain as the greatest prime factor p, and
r<y.

6. The equation S_,(z) = SZ1I (z + 1) has not solutions.

7. Szl (S(z)) is generally not equal to S(z).

8 A (S‘] (:z:)) = logp- , where A is the Mangoltd function.

min

It is open the problem to find other properties of the function S} .
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