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Abstract: In this paper we discuss a diophantine equations 
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For any positive integer n, let SSC(n) denote theSlnarandache 

square cOlllplelnentary function of n (see [1 D. In [21 Russo asked that 

if the equation 

SSC(rnn) = mk SSC(n) , (1 ) 

has positive integer solutions (rn, n, k). In this paper we prove the 

following result. 

Theorem. The positive integer solutions (m, n, k) of (1) satisfy 1. 

Moreover, (i) has infinitely 111any positive integer soiutions (rn~ n, 

(a, b, 1') with k=1, 'where a,b are coprinle positive integer 'yv'ith square free. 
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Proof. Let (nl, n, k) be a positive integer solution of (1). Further, 

let d=gcd (n?, n). Then we have 

m=da, n=db, (2) 

where a,b are coprinle positive integers. Substitute (2) into (1), vve get 

SSC(177n) SSC(d 2ab) = SSC(ab) SSC(a)SSC(b) 

= (da)k SSC(db), 

since gcd (a, 6)=1. By (3), we have 

SSC(a)SSC(b)~O (rnod ak
). 

It is a well knovvn fact that 

a-O (n1od SSC(a», b 0 (lnod SSC(b»). 

Since gcd (a, 6)=1, we see froll1 (4) and (5) that 

SSC(a)-O (n10d ak). 

(3 ) 

(4) 

(5) 

(6) 
, I 

Further, since SSC(a) ~ a, we find fron1 (6) that k=l. It implies that 

the solutions (nz, n, k) of (1) satisfy 1. 

On the other hand, if a and bare coprilne positive integers with 

square free, then vve have 

SSC(ab)=SSC(a)SSC(b)=aSSC(b). (7'1 
\ • J 

It inlplies that '(In, n, k)=(a, b, 1) is a positive integer solution of (1). 

Thus, the theoten1 is proved. 
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