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Abstract: In this paper we discuss a diophantine equations
concerning the Smarandache square complementary function.
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For any positive integer n, let SSC(n) denote the .Smarandache
square complementary function of n (see [1]). In [2], Russo asked that
it the equation

SSC(mn) = mkSSC(n), (1
has positive integer solutions (m, #n, k). In this paper we prove the
following result.

Theorem. The positive integer solutions (m, n, k) of (1) satisfy k=1.
Moreover, (1) has infinitely many positive integer soiutions (m, n, k)=

(z, &, ') with &=1, where a,b are coprime positive integer with square frec.
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Proof. Let (m, n, k) be a positive integer solution of (1). Further,
let d=gcd (m, n). Then we have
m=da, n=db, (2)
where a,b are coprime positive integers. Substitute (2) into (1), we get
SSC(mn) = SSC(d*ab) = SSC(ab) =SSC(a)SSC(b)

) ©
= (da)" SS5C(db),
since ged (a, H)=1. By (3), we have
SSC(a)SSC(h)=0 (mod aY). (4)
[t1s a well known fact that
a=0 (mod §SC(a)), b=0 (mod SSC(b)). (5)
Since ged (a, b)=1, we see from (4) and (5) that
SSC(a)==0 (mod aY). (6)

Further, since SSC(a)<a, we find from (6) that A=1. It implies that
the solutions (m, n, k) of (1) satisty k=1.

On the other hand, if ¢ and b are coprime positive integers with
square free, then we have

SSC(ab)y=SSC(a)SSC(b)=aSSC(h). (7)

[t implies that«(m, n, k)=(a, b, 1) is a positive integer solutien of (1}

Thus, the theorem is proved.
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