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Abstract: In this paper we completely determine the Smarandache

@ -sequence.
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For any positive integer #, let »(n) be the Euler totient function of

n. Further, let the set

A={nln=kp (n), where £ is a positive Integer}. (1)

Then, all elemerits n of 4 form the Smarandache @ -sequence (see [2]).
I this paper we completely determine this sequence as follows.

Theorem. Let {a(x)}?:l be the Smarandache ¢ -sequence. Then

we have

al(x)

1, if x=1
2, if x=2,

Y (2)
ple+i)iz. if x>1 and x is odd, s
pF/2=i if x>1 and x is even.
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Proof. We first consider the elements of 4. We see from (1) that
these elements are solutions of the equation
n=ke (n). (3)
Clearly, (n,k)=(1,1) 1s a positive integer of (3). [f n>>1, let

n=ppsopy (4)
be the factorization of n. By [1, Theorem 62], we have
()= p " o3 pE o = 1oy = 1) (p, - 1), (5)
Substitute (4) and (5) into (3), we get
PPy Ps :k(Pl“I)(Pz_I)“'(PQ_I) (6)

If nis even, then pi=2 and ps,--,ps; are odd primes. Since p-1
(i=2,+--,s) are even integer, we find fron (6) that either s=1 and =2 or
s=2, p,=3 and &=3. It follows that (3) has positive integer solutions
(n,k)y=(2",2) and (2".3,3), where r is a positive integer.

If n is odd, then (6) is impossible, since pj=1,2,--+,5) are odd
primes and p-1(;=1,2,--,5) are even integers.

Thus, by the above analysis, we obtain (2) imunediately.
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